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We study the ac charge and -spin transport through an orbital of a magnetic molecule with spin precessing in a
constant magnetic field. We assume that the source and drain contacts have time-dependent chemical potentials.
We employ the Keldysh nonequilibrium Green’s functions method to calculate the spin and charge currents
to linear order in the time-dependent potentials. The molecular and electronic spins are coupled via exchange
interaction. The time-dependent molecular spin drives inelastic transitions between the molecular quasienergy
levels, resulting in a rich structure in the transport characteristics. The time-dependent voltages allow us to reveal
the internal precession time scale (the Larmor frequency) by a dc conductance measurement if the ac frequency
matches the Larmor frequency. In the low-ac-frequency limit the junction resembles a classical electric circuit.
Furthermore, we show that the setup can be used to generate dc-spin currents, which are controlled by the
molecular magnetization direction and the relative phases between the Larmor precession and the ac voltage.
DOI: 10.1103/PhysRevB.93.075402
I. INTRODUCTION

Since the early 1970s, the potential use of molecules as
components of electronic circuitry was proposed [1], thereby
introducing the field of molecular electronics. Since then, the
goal of the field has been to create high-speed processing
molecular devices with miniature size [2,3]. In that respect,
it is important to investigate the properties of transport
through single molecules in the presence of external fields
[4–8]. Single-molecule magnets are a class of molecular
magnets with a large spin, strong magnetic anisotropy, and
slow magnetization relaxation at low temperatures [9]. Due
to both classical [10] and quantum [10–13] characteristics
of single-molecule magnets, their application in molecular
electronics became a topic of intense research, considering
their potential usage in creation of memory devices [14].
Several experiments have already achieved transport through
single-molecule magnets [15–17].
Time-dependent transport through molecular junctions has
been theoretically studied using different techniques, such as
nonequilibrium Green’s functions technique [18–22], timedependent density functional theory [23–27], reduced density
matrix approach [28], etc. Time-dependent periodic fields in
electrical contacts cause photon-assisted tunneling [4,29–31],
a phenomenon based on the fact that by applying an external
harmonic field with frequency  to the contact, the conduction
electrons interact with the ac field and, consequently, participate in the inelastic tunneling processes by absorbing or
emitting an amount of energy n, where n = ±1, ± 2, . . . .
Theoretically, photon-assisted tunneling through atoms and
molecules was investigated in numerous works [4,32–37].
Some experimental studies addressed photon-assisted tunneling through atomic-sized [38–40] and molecular [41,42]
junctions in the presence of laser fields. Time-dependent
electric control of the state of quantum spins of atoms has also
been investigated [43]. In junctions with time-dependent ac
bias, the presence of displacement currents is inevitable due
to the charge accumulation in the scattering region [44,45].
This problem can be solved either implicitly by including
the Coulomb interaction in the Hamiltonian of the system
[46,47] or explicitly by adding the displacement current to the
2469-9950/2016/93(7)/075402(13)

conduction current [45,48], thus providing the conservation of
the total ac current.
Spin transport through magnetic nanostructures can be used
to manipulate the state of the magnetization via spin-transfer
torques (STTs) [49,50]. The concept of STT is based on
the transfer of spin angular momenta from the conduction
electrons to a local magnetization in the scattering region,
generating a torque as a back-action of the spin transport, and
thus changing the state of the magnetic nanostructure [49–52].
Hence, current-induced magnetization reversal has become
an active topic in recent years [53–59]. The measurement
and control of the magnetization of single-molecule magnets
employing spin transport may bring important applications in
spintronics.
In this work we theoretically study the charge and spin
transport through a single electronic energy level in the
presence of a molecular spin in a constant magnetic field.
The electronic level may be an orbital of the molecule or it
may belong to a nearby quantum dot. The molecular spin,
treated as a classical magnetic moment, exhibits Larmor
precession around the magnetic field axis. The Zeeman field
and interaction of the orbital with the precessing molecular
spin result in four quasienergy levels in the quantum dot,
obtained using the Floquet theorem [60–63]. The system is
then connected to electric contacts subject to oscillating electric potentials, considered as a perturbation. The oscillating
chemical potentials induce photon-assisted charge and spin
tunneling. A photon-assisted STT is exerted on the molecular
spin by the photon-assisted spin currents. This torque is not
included in the dynamics of the molecular spin, since the
molecular spin precession is assumed to be kept steady by
external means, thus compensating the STT. The precessing
molecular spin in turn pumps spin currents into the leads,
acting as an external rotating exchange field. Some of our
main results are as follows:
(1) In the limit of low ac frequency, the junction can be
mapped onto a classical electric circuit modeling the inductivelike or capacitive-like response.
(2) The real and imaginary components of the dynamic
conductance, associated with the resonant position of the
chemical potentials with molecular quasienergy levels, are
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both enhanced around the ac frequency matching the Larmor
frequency, allowing the detection of the internal precession
time scale (see Fig. 4).
(3) The setup can be employed to generate and control dc
spin currents by tuning the molecular precession angle and the
relative phases between the ac voltage and Larmor precession
if the ac frequency matches the Larmor frequency.
A part of this article is a complement to Ref. [64], representing the solution for the Gilbert damping coefficient [65],
nonperturbative in the coupling to the molecular magnet, in
the absence of time-varying voltage. The other corresponding
STT coefficients and an arising nonzero z component of the
STT are obtained as well.
The article is organized in the following way: We describe
the model setup of the system in Sec. II. The theoretical
formalism based on the Keldysh nonequilibrium Green’s
functions technique [18–20] is introduced in Sec. III. Here
we derive expressions for spin and charge currents in linear
order with respect to ac harmonic potentials in the leads. In
Sec. IV we obtain and analyze the dynamic conductance of the
charge current using the current partitioning scheme developed
by Wang et al. [48]. This section is followed by Sec. V in which
we analyze spin transport and STT under dc-bias voltage and
in the presence of oscillating chemical potentials. We finally
conclude in Sec. VI.
II. MODEL SETUP

We consider a junction consisting of a single spindegenerate molecular orbital of a molecular magnet with a
precessing spin in a constant magnetic field along z axis,
B = B ez , coupled to two normal metallic leads. We assume
the spin of the molecular magnet is large and neglecting the
 with
quantum fluctuations treat it as a classical vector S,

constant length S = |S|. The magnetic field does not affect
the electric contacts, which are assumed to be noninteracting.
ξ
ξ
An external ac harmonic potential Vac (t) = vac cos(t + φξ )
is applied to each lead ξ = L,R, modulating the single
ξ
electron energy as kξ (t) = kξ + eVac (t), with kξ being the
single-particle energy of an electron with the wave number k, in
the absence of the time-varying voltage (see Fig. 1). Since we
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want to unravel the quantum effects induced by the tunneling
electrons and the ac harmonic potentials, we consider a well
coupled molecular orbital and treat it as noninteracting by
disregarding the intraorbital Coulomb interactions between
the electrons.
The junction is described by the Hamiltonian
Ĥ (t) = ĤL (t) + ĤR (t) + ĤT + ĤMO (t) + ĤS . Here Ĥξ (t) =

†
k,σ kξ (t)ĉkσ ξ ĉkσ ξ is the Hamiltonian of lead ξ = L,R.
The subscript σ = ↑,↓ = 1,2 = ±1 denotes the spin-up or
spin-down state of the electrons. The tunneling Hamiltonian

†
ĤT = k,σ,ξ [Vkξ ĉkσ ξ d̂σ + Vkξ∗ d̂σ† ĉkσ ξ ] introduces the spinindependent tunnel coupling between the molecular orbital
and the leads, with matrix element Vkξ . The operators
†
ĉkσ ξ (ĉkσ ξ ) and d̂σ† (d̂σ ) represent the creation (annihilation)
operators of the electrons in the leads and the molecular orbital.
The next term in the Hamiltonian of the system is given by

 Here, the first
ĤMO (t) = σ 0 d̂σ† d̂σ + (gμB /)sˆ B + J sˆ S(t).
term describes the noninteracting molecular orbital with
energy 0 . The second term represents the electronic spin

in the molecular orbital, sˆ = (/2) σ σ  (σˆ )σ σ  d̂σ† d̂σ  , in the
 and
presence of the external constant magnetic field B,
the third term expresses the exchange interaction between

the electronic spin and the molecular spin S(t).
Here
ˆσ = (σ̂x ,σ̂y ,σ̂z )T represents the vector of the Pauli matrices.
The proportionality factors g and μB are the gyromagnetic
ratio of the electron and the Bohr magneton, respectively,
while J is the exchange coupling constant between the
molecular and electronic spins.
Presuming, for simplicity, that the molecular spin g factor
equals that of a free electron, the term ĤS = gμB SB represents
the energy of the classical molecular spin S in the magnetic
 Accordingly, the field B exerts a torque on the spin
field B.
S leading to its precession around the field axis with Larmor
frequency ωL = gμB B/. To compensate for the dissipation
of magnetic energy due to the interaction with conduction
electrons, we assume that the molecular spin is kept precessing
by external means (e.g., rf fields) [66]. Hence, we keep the tilt
angle θ between B and S fixed and determined by the initial
conditions. The dynamics of the molecular spin is then given
 = S⊥ cos(ωL t)ex + S⊥ sin(ωL t)ey + Sz ez , where S⊥ is
by S(t)
 onto the
the magnitude of the instantaneous projection of S(t)
x − y plane, given by S⊥ = S sin(θ ), while the projection of
the molecular spin on the z axis equals Sz = S cos(θ ). The
 pumps spin currents into the system, but
precessing spin S(t)
the effects of spin currents onto the molecular spin dynamics
are compensated by the above-mentioned external sources.
III. THEORETICAL FORMALISM

∼

ac
cos(Ωt +
+ φφRR))
ev ac
R cos(Ωt

FIG. 1. Photon-assisted tunneling through a single molecular

of a molecular
level with energy 0 coupled to the spin S(t)
magnet via exchange interaction with the coupling constant J in
 External ac potentials
the presence of a constant magnetic field B.
Vξac (t) = vξac cos(t + φξ ) are applied to the leads ξ = L,R with
chemical potentials μξ and tunnel rates ξ .

The ensemble and quantum average charge and spin
currents from the lead ξ to the molecular orbital are given
by


d
i
N̂ξ ν = qν [Ĥ ,N̂ξ ν ] ,
Iξ ν (t) = qν
(1)
dt


†
with N̂ξ ν = k,σ,σ  ĉkσ ξ (σν )σ σ  ĉkσ ξ representing the charge
and spin occupation number operator of the contact ξ . The
index ν takes values ν = 0 for the charge and ν = 1,2,3
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for the components x,y,z of the spin-polarized current. The
prefactors qν correspond to the electronic charge q0 = −e
and spin qν =0 = /2. Employing the Keldysh nonequilibrium
Green’s functions technique, the currents can be calculated in
units in which  = e = 1 as [19,20]

 
Iξ ν (t) = − 2qν Re dt  Tr σ̂ν Ĝr (t,t  ) ˆ ξ< (t  ,t)

+ Ĝ< (t,t  ) ˆ ξa (t  ,t) ,

(2)

where σ̂0 = 1̂ is the identity operator, while σ̂ν =0 are the
Pauli matrices. In Eq. (2), ˆ ξr,a,< (t,t  ) are the retarded,
advanced, and lesser self-energies from the tunnel coupling
between the molecular orbital and the lead ξ , while Ĝr,a,< (t,t  )
are the corresponding Green’s functions of the electrons in
the molecular orbital. The matrices of the self-energies are
diagonal in the electronic spin space with respect to the
basis of eigenstates
their nonzero entries are given
of ŝz , and
r,a,<
r,a,<
(t,t  )Vkξ∗ , where gkξ
(t,t  ) are
by ξr,a,< (t,t  ) = k Vkξ gkξ
the retarded, advanced, and lesser Green’s functions of the
electrons in contact ξ . The matrix elements of the Green’s

functions Ĝr,a,< (t,t  ) are given by Gr,a
σ σ  (t,t ) = ∓iθ (±t ∓
† 
† 
<


t ){d̂σ (t),d̂σ  (t )} and Gσ σ  (t,t ) = id̂σ  (t )d̂σ (t) , where {·,·}
denotes the anticommutator. The self-energies of lead ξ can
be expressed as [18–20]

as [67]
Gσr σ (,  ) =
Gσr −σ (,  ) =

=i


Iξ ν (t) = 2qν ξ Im
×

Jm

d
2π
vξac

d  −i(−  )t
e
2π
vξac i(m−n)φ
ξ
Jn
e



 

1 <

r


× Tr σ̂ν fξ (m )Ĝ (,mn ) + Ĝ (,mn ) , (5)
2
m,n

with the abbreviations m =  − m and mn =  −
(m − n). The generating function exp[ia sin(t + φ)] =

m Jm (a) exp[im(t + φ)] was used in Eq. (5), where Jm
is the Bessel function of the first kind of order m.
The matrix components of the retarded Green’s function
of the electrons in the molecular orbital, in the absence of
the ac harmonic potentials in the leads, can be obtained
exactly by applying Dyson’s expansion and analytic continuation rules [20]. Their double Fourier transforms are written

0r
2π γ δ(σ −   )G0r
σ σ ()G−σ −σ (σ )
,
0r
1 − γ 2 G0r
σ σ ()G−σ −σ (σ )

(7)

nξ
ξ,n=±1

× [fξ (n )

(8)
ξ

Ĝ< (,  ) ≈ Ĝ < (,  ) + i

(4)



(6)

Ĝr (,  ) ≈ Ĝ r (,  ),

(3)

Here we introduced the Faraday phases ϕξ (t,t  ) =
t
e t dt  Vξac (t  ). From its definition, it follows that ξa (t,t  ) =
[ ξr (t  ,t)]∗ . Furthermore, fξ () = [e(−μξ )/kB T + 1]−1 is the
Fermi-Dirac distribution of the electrons in the lead ξ , with
kB the Boltzmann
constant and T the temperature, while

ξ () = 2π k |Vkξ |2 δ( − kξ ) is the tunnel coupling to the
lead ξ . Using the self-energies defined above, and applying the
double Fourier transformations in Eq. (2), in the wide-band
limit, in which ξ is energy independent, one obtains

2π δ( −   )G0r
σ σ ()
,
0r
1 − γ 2 G0r
()G
−σ −σ (σ )
σσ

with γ = J S sin(θ )/2 and σ =  − σ ωL . The matrix elements of the corresponding lesser Green’s function are
obtained using the Fourier transfomed Keldysh equation
Ĝ < (,  ) = d  Ĝ r (,  ) ˆ 0< (  )Ĝ a (  ,  )/2π [20]. Here

Ĝ a (,  ) = [Ĝ r (  ,)]† and 0< () = i ξ ξ fξ () is the lesser
self-energy originating from the orbital-lead coupling in the
absence of harmonic potentials in the leads. The retarded
Green’s functions Ĝ0r of the electrons in the molecular orbital,
in the presence of the static component of the molecular spin
 are found using the equation
and the constant magnetic field B,
of motion technique [68] and, Fourier transformed, read
−1
Ĝ0r () = [ − 0 − 0r () − σ̂z (gμ
 B B + J Sz )/2] [59,67],
where 0r () = −i/2 and  = ξ ξ .
For a weak ac field vξac
, the retarded and lesser Green’s
functions of the electrons in the molecular orbital can be
obtained by applying Dyson’s expansion, analytic continuation
rules, and the Keldysh equation [20]. Keeping only terms linear
ξ
in vac /  they read



d −i(t−t  )+iϕξ (t,t  )
e
fξ ()ξ (),
2π

d −i(t−t  )+iϕξ (t,t  )
r


e
ξ ().
ξ (t,t ) = −iθ (t − t )
2π
<

ξ (t,t )
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vac inφξ
e




d 
4π

− fξ (  )]Ĝ r (,n )Ĝ a (  ,  ).

(9)

In the rest of the paper we will stay in this limit.
The particle current contains the following contributions:
Iξ ν (t) = IξωνL (t) + Iξν (t) .

(10)

The first component represents the transport in the absence of
ac voltages in the leads. It has a static and a time-dependent
contribution, which are both created by the precession of the
molecular spin. This precession-induced current reads


d  −i(−  )t
d
ωL
Iξ ν (t) = 2qν ξ Im
e
2π
2π
 

1
× Tr σ̂ν Ĝ < (,  ) + fξ (  )Ĝ r (,  )
. (11)
2
In the limit γ 2 → 0, Eq. (11) reduces to the result obtained
previously [64]. The second term of Eq. (10) is induced when
an ac voltage is applied to lead ξ and can be expressed in linear
ξ
order with respect to vac /  using Eqs. (5), (8), and (9) as


vζac
d
d  −i(−  )t+inφζ
Re
e
nξ ζ
Iξν (t) = qν

2π
2π
ζ,n=±1

d 
{[fζ (n )−fζ (  )]Tr[σ̂ν Ĝ r (,n )Ĝ a (  ,  )]}
×
4π

i
−
δξ ζ [fζ (n ) − fζ (  )]Tr[σ̂ν Ĝ r (,n )] .
(12)
ζ
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MILENA FILIPOVIĆ AND WOLFGANG BELZIG

PHYSICAL REVIEW B 93, 075402 (2016)

These expressions for the currents constitute the main results
of the article. They allow us to calculate the dynamic charge
conductance and spin transport properties of our molecular
contact. Note that spin currents are more conveniently discussed in terms of the spin-transfer torque exerted by the
inelastic spin currents onto the spin of the molecule, given
by [49–52]
T (t) = T ωL (t) + T  (t) = −[IL (t) + IR (t)] .

(13)

Hence, in the remainder of the article we will concentrate on
the ac charge conductance and the dc spin-transfer torque.
IV. CHARGE TRANSPORT
A. Dynamic charge conductance

The time-dependent particle charge current from the lead
ξ to the molecular orbital is induced by the ac harmonic
potentials in the leads and can be written as
⎧
⎫
⎨
⎬
Iξ0 (t) = Re
Gcξ ζ ()vζac e−i(t+φζ ) ,
(14)
⎩
⎭
ζ

Gcξ ζ ()

where
is the conductance between leads ξ and ζ .
In order to determine the dynamic conductance under ac
bias-voltage conditions, one also needs to take into account
the contribution from the displacement current. Coulomb
interaction leads to screening of the charge accumulation in the
quantum dot given by I d (t) = dQ(t)
= −eIm{ dtd [TrĜ< (t,t)]}.
dt

According to the Kirchhoff’s current law, I d (t) + ξ Iξ0 (t) =
0. The following expression defines the total conductance of
charge current, Gξ ζ :
⎧
⎫
⎨
⎬
ac −i(t+φζ )
Iξ,tot
(t)
=
Re
G
()v
e
,
(15)
ξ
ζ
ζ
0
⎩
⎭
ζ

while the displacement conductance Gdζ is given by
⎧
⎫
⎨
⎬
I d (t) = Re
Gdζ ()vζac e−i(t+φζ ) .
⎩
⎭

consists of a real dissipative component GR and an imaginary
nondissipative component GI , indicating the difference in
phase between the current and the voltage. Due to the total
current conservation, the two terms in Eq. (17) should behave
in a way that a minimum (maximum) of Gcξ ζ () corresponds to
a maximum (minimum) of Gdζ () for both real and imaginary
parts.

(16)

B. Density of states in the quantum dot

Since the dynamic conductance is an experimentally directly accessible quantity, we hope that a measurement can
help to reveal the internal time scales of the coupling between
the molecular and electronic spins in the transport. We begin by
analyzing the density of states available for electron transport
in the quantum dot,


1
G0r
σ σ ()
. (18)
ρ() = −
Im
0r
π σ =±1
1 − γ 2 G0r
σ σ ()G−σ −σ (σ )
There are four resonant transmission channels. They are
positioned at quasienergy levels 1 = ↓ = 0 − (ωL + J S)/2
(spin-down), 2 = ↓ + ωL = 0 + (ωL − J S)/2 (spin-up),
3 = ↑ − ωL = 0 − (ωL − J S)/2 (spin-down) and 4 =
↑ = 0 + (ωL + J S)/2 (spin-up).
The Hamiltonian of the molecular orbital is a periodic function of time ĤMO (t) = ĤMO (t + τ ), with period τ = 2π/ωL .

(n) inωL t
Its Fourier expansion is given by ĤMO (t) = n ĤMO
e
.
Applying the Floquet theorem, one can obtain the Floquet
quasienergy α corresponding to the Floquet state |ψα (t) in
the Schrödinger equation,
ĤMO (t)|ψα (t) = α |ψα (t) ,

where ĤMO (t) = ĤMO (t) − i∂t [60–63]. The Floquet Hamiltonian matrix is block diagonal, with matrix elements given
(n−m)
]αβ + nωL δαβ δnm [61], where
by α; n|ĤF |β; m = [ĤMO
|α; n describes the Floquet states, while α denotes the
electron spin states. For restricted Floquet quasienergies to
the frequency interval [0,ωL ) a block is given by
λ1 − ωL
J S⊥ /2

ζ

The conservation of the total charge current and gauge
invariance
the shift of the chemical potentials
 with respect to
lead to ξ Gξ ζ = 0 and ζ Gξ ζ = 0 [45]. These equations
are satisfied by partitioning the displacement current into
= Iξ0 + Aξ I d , or, equivalently, Gξ ζ =
each lead [48], Iξ,tot
0
c
d
Gξ ζ + Aξ Gζ , in such a way that the sum of the partitioning

factors Aξ obeys
ξ Aξ = 1. Using the sum rules given
above one obtains the expression for the dynamic conductance
[45,48],
 c
λ Gξ λ
c
d
(17)
Gξ ζ = Gξ ζ − Gζ  d ,
λ Gλ



where Aξ = −( λ Gcξ λ )/( λ Gdλ ), Gdζ = − ξ Gcξ ζ , and
G() = GLL () = GRR () = −GLR () = −GRL (). The
first term of Eq. (17) represents the dynamic response of the
charge current, while the second term is the internal response
to the applied external ac perturbation due to screening by
Coulomb interaction. Note that the dynamic conductance

(19)

J S⊥ /2
,
λ2

(20)

with λ1,2 = 0 ± (ωL + J Sz )/2. The corresponding Floquet
quasienergies are eigenenergies of the matrix (20), equal
to 1 and 3 . The precessing component of the molecular
spin couples states with quasienergies 1 and 3 to states
with quasienerges 2 and 4 , which differ in energy by an
energy quantum ωL . Namely, due to the periodic motion
of the molecular spin, an electron can absorb or emit an
energy ωL , accompanied with a spin flip. Spin-flip processes
due to rotating magnetic field were analyzed in some works
[64,67]. A similar mechanism was discussed in a recent work
for a nanomechanical spin valve, in which inelastic spin-flip
processes are assisted by molecular vibrations [69].
C. Analysis of dynamic conductance

Now we analyze the charge conductance in response to
the ac voltages. The suppression of dc conductance of charge
current due to photon-assisted processes in the presence of an
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FIG. 2. (a) Real part GR and (b) imaginary part GI of the dynamic conductance as functions of the chemical potential μ, with μ = μL = μR .
The plots are obtained for different ac frequencies  and tunneling rates  at zero temperature, with L = R = /2, and B = B ez . All energies
are given in the units of 0 . The other parameters are set to: ωL = 0.5, J = 0.01, S = 100, θ = 1.25, γ ≈ 0.474. The molecular quasienergy
levels are positioned at: 1 = 0.25, 2 = 0.75, 3 = 1.25, and 4 = 1.75. The conductance components GR and GI are given in the units of
conductance quantum e2 / h.

ac gate voltage, or a rotating magnetic field, was discussed in
Ref. [63]. Here we consider ac conductance in a double-driving
experiment, where we first induce molecular spin precession
at Larmor frequency ωL and then turn on the oscillating fields
with frequency  in the leads. Assuming equal chemical
potentials of the leads μL = μR = μ, we analyze the dynamic
conductance G() at zero temperature. Since we work in
the wide-band limit, this symmetry simplifies the partitioning

factors to Aξ = ξ / . Hence, Eq. (17) can be transformed
into

e2
fζ ( − ) − fζ ()
.
(21)
Gξ ζ () =
dTξ ζ (,)
h

Here Tξ ζ (,) is the effective transmission function that
can be expressed as T (,) = TLL (,) = TRR (,) =
−TLR (,) = −TRL (,), which reads



0a
2 0r
0a
G0r
L R
σ σ ()Gσ σ ( − ) 1 + γ G−σ −σ (σ )G−σ −σ (σ − )


.
T (,) =
( − i)
0a
0r
2 0r

1 − γ 2 G0a
σ σ ( − )G−σ −σ (σ − ) 1 − γ Gσ σ ()G−σ −σ (σ )
σ =±1

The real part GR and imaginary part GI of the dynamic
conductance versus chemical potential μ are plotted in
Figs. 2(a) and 2(b). Both GR and GI achieve their maximum
at μζ = i , where the resonance peaks are positioned. In
accordance with Eq. (21) the electrons in lead ζ = L,R, with
energies μζ −     μζ , can participate in the transport
processes by absorbing a photon of energy . For  → 0 the
dynamic conductance reduces to dc conductance, Gξ ζ ( →
0) = e2 Tξ ζ (μζ , → 0)/ h, and reaches its maximum at resonances given by the Floquet quasienergies [63]. The imaginary
part of the dynamic conductance GI approaches zero for
 → 0 [black line in Fig. 2(b)]. The considerable contribution
of the displacement current to the total current is reflected in
the decrease of GR , and the increase of GI near resonances
with increasing , as the displacement current opposes the
change of the particle charge current under ac bias [red and
blue dot-dashed lines in Figs. 2(a) and 2(b)]. For a small value
of both  and , GR show sharp resonant peaks. However,
with the increase of , each of the peaks in GR broadens
[green line in Fig. 2(a)]. It approaches a constant value around
the corresponding resonant level, with the width equal to 2,
since the inequality
|i − μζ |  

(22)

is the condition for the inelastic photon-assisted tunneling to
occur.

D. Frequency dependence of the ac conductance
and equivalent circuit

The behavior of the ac conductance in the low-ac-frequency
regime can be understood using a classical circuit theory
[70]. Namely, at small ac frequencies 
, the molecular
magnet junction behaves as a parallel combination of two
serial connections: one of a resistor and an inductor and the
other of a resistor and a capacitor, i.e., as a classical electric
circuit (see Fig. 3). Depending on the phase difference between
the voltage and the current, the circuit shows inductive-like
(positive phase difference) or capacitive-like (negative phase
difference) responses to the applied ac voltage. Thus, the
dynamic conductance can be expanded up to the second order
in  in the small-ac-frequency limit as

(23)
075402-5

1
G() = G(0) + G (0) + G (0)2 + O(3 )
2
L
1
L2
2
≈
+i
−
C

+
R
C
−
2 , (24)
2
R1
R12
R13
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V (t)

FIG. 3. The equivalent classical circuit of the molecular magnet
junction in the low-ac-frequency regime. It is composed of two serial
combinations: one of a resistor and an inductor and the other of a
resistor and a capacitor connected in parallel and driven by a source
of ac voltage V (t). The resistances are denoted by R1 and R2 ; L is
the inductance and C is the capacitance of the circuit elements.

where R1 , R2 , L, and C denote the resistances, inductance,
and capacitance of the circuit. In our further analysis we will
assume that R1 = R2 = R. The first term of Eq. (24) represents
the dc conductance G(0) = 1/R. The second, imaginary term,
linear in , is iGI in the low-ac-frequency limit.
Depending on the sign of L/R 2 − C, the linear response is
inductive-like (GI > 0) while GR decreases or capacitive-like
(GI < 0) while GR increases with the increase of . For C =
L/R 2 the system behaves like a resistor with G = G(0). The
nondissipative component GI shows inductive-like behavior
for

(25)
|i − μζ | < ,
2
as we have observed in Fig. 2(b) (red line), and capacitive-like
or resistive behavior otherwise.
The behavior of the dynamic conductance components GR
and GI as functions of the ac frequency  for μ = 3 and μ =
0.1 0 , with two values of  at zero temperature is presented in
Fig. 4. The real part GR is an even, while the imaginary part GI

is an odd function of . In the low-ac-frequency regime 
, GR is a quadratic function, while GI is a linear function of
ac frequency (solid and dashed black lines in Fig. 4). By fitting
parameters of these functions and using Eq. (24), one obtains
circuit parameters R, L, and C, confirming that in this limit
the ac conductance of the system resembles the previously
described classical circuit model. The circuit parameters can
be calculated in terms of the dynamic conductance according
to Eq. (24). Note that they depend on the relative position of
the Fermi energy of the leads with respect to the molecular
quasienergy levels.
Near the four resonances we expect the system to be
highly transmissive and therefore to conduct well. This is
confirmed by Figs. 2 and 4. Namely the imaginary conductance
component GI > 0 around resonances and is a positive linear
function of  in the low-ac-frequency limit [see Fig. 4(b),
black solid line]. This implies that the behavior of the system
is inductive-like, since the displacement current tends to reduce
the charge current, as electrons reside awhile in the quantum
dot, causing the delay in phase between the voltage and
the current. Accordingly, the real component GR decreases
quadratically from initial value G(0) upon switching on the
ac frequency  [black solid line in Fig. 4(a)]. However,
the off-resonance behavior is capacitive-like, resulting from
intraorbital Coulomb interactions, included via displacement
current [48]. Hence, in the low-ac-frequency limit GI () is
negative and decreases linearly with the increase of  for
Fermi energies of the leads which are far from the resonant
energies i [black dashed line in Fig. 4(b)]. In this case
GR () increases quadratically with  [black dashed line in
Fig. 4(a)]. Obviously, the molecular magnet junction behaves
as a classical circuit only in the low-ac-frequency regime.
For higher ac frequencies  we use Eq. (21) to analyze
the behavior of GR and GI , where the dynamic response of
the system remains predominantly inductive-like for μ = ↑ −
ωL = 3 . With further increase of , the ac conductance G()
vanishes asymptotically. Upon turning on the ac frequency,
while the system is on resonance μ = ↑ − ωL , the imaginary

FIG. 4. (a) Real part GR and (b) imaginary part GI of the dynamic conductance as functions of the ac frequency . The plots are obtained
for two different tunneling rates  and chemical potentials μ, with μ = μL = μR and B = B ez , at zero temperature. All energies are given in the
units of 0 . The other parameters are set to: L = R = /2, S = 100, J = 0.01, ωL = 0.5, θ = 1.25, γ ≈ 0.474. The molecular quasienergy
levels lie at: 1 = 0.25, 2 = 0.75, 3 = 1.25, and 4 = 1.75. In the resonant case μ = 3 , the response of the system is inductive-like in the
low-ac-frequency limit (GI > 0), and GR and GI are both enhanced around  = ωL , after going to a local minimum, as the channel with
quasienergy 4 becomes available for photon-assisted tunneling, i.e., μ +  = 4 . The conductance components GR and GI are given in the
units of e2 / h.
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component GI increases quickly from 0 to a local maximum
and then decreases to its minimum value around  = ωL
[green and blue lines in Fig. 4(b)]. The real part GR decreases
to a local minimum and then has a steplike increase towards
a local maximum around  = ωL [green and blue lines in
Fig. 4(a)]. This behavior of the dynamic conductance can be
understood as follows. For μ = ↑ − ωL , at  = ωL , besides
the resonant level with quasienergy ↑ − ωL , the upper level
with quasienergy ↑ becomes available for photon-assisted
electron transport. It is then distanced by the energy  from
the chemical potential μ. Consequently, an electron with Fermi
energy equal to ↑ − ωL can absorb a photon of energy  = ωL
in the lead ζ and tunnel into the level with quasienergy ↑ . This
leads to an enhancement of the response functions GR and GI ,
after going to a local minimum, with features corresponding to
photon-assisted tunneling processes. Each steplike increase of
GR and the corresponding dip of GI in Fig. 4 are determined
by the difference between the quasienergy levels i and the
chemical potential μ, viz. |i − μ| = . Thus, for μ = 3 and
the set of parameters given in Fig. 4, they are positioned
around /0 = 0.5 and /0 = 1. For the larger tunnel
couplings each steplike increase in GR is broadened due to
the level broadening . We notice that the enhancement of the
dynamic conductance is higher around  = ωL than around
the subsequent frequency /0 = 1. This is due to the fact
that the frequency has to traverse one resonant peak in GR , or
dip in GI , to reach the second one. We need to mention that
the off-diagonal conductances Gξ ζ = −G, where ξ = ζ , and
hence have a behavior that opposes that of the diagonal ones.
In the spirit of the scattering matrix formalism, the dynamic
conductance of our molecular magnet junction, in the low-acfrequency regime, can be expanded as [71]
Gξ ζ () = Gξ ζ (0) − iEξ ζ + 2 Kξ ζ + O(3 ),

(26)

where Gξ ζ (0) is the dc conductance. The quantity Eξ ζ =
−Im{∂Gξ ζ (0)/∂} is called the emittance [71]. It contains
the contribution from the displacement current and the partial
density of states that characterize the scattering process
[46,72,73]. The partial density of states can be calculated
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using the scattering matrix, and can be understood as density
of states due to electrons injected from lead ζ , and leaving
through lead ξ [46,72,73]. The emittance Eξ ζ measures the
dynamic response of the system to an external oscillating ac
field and, depending on its sign, the response is capacitivelike or inductive-like [71]. The matrix element of the third
term, Kξ ζ = Re{∂ 2 Gξ ζ (0)/∂2 }/2, represents the correction
to the real part of the dynamic conductance and describes
the dynamic dissipation in the low-ac-frequency regime [71].
Both Eξ ζ and Kξ ζ obey the sum rules, since the total current
conservation and gauge invariance conditions have to be
satisfied [45]. According to Eq. (26), their diagonal elements
E = Eξ ξ and K = Kξ ξ can be approximated as E ≈ −GI / 
and K ≈ [GR − G(0)]/ 2 in the low frequency limit [71].
Based on the analyzed GR and GI the behavior of E and K
can be examined. Around all resonances μ = i the emittance
E < 0 (inductive-like response) and K < 0 since GR < G(0),
while off resonance E > 0 (capacitive-like response) and
K > 0 (see Figs. 2 and 4).

E. Effects of the molecular magnetization direction
on the ac conductance

Now we analyze the ac conductance components GR and
GI as functions of the tile angle θ of the molecular spin
 plotted in Figs. 5(a) and 5(b).
S from the external field B,
For θ = 1.25, the peaks of both GR and GI in Figs. 2(a)
and 2(b) at μ = ↑,↓ ∓ ωL are much lower than those at
μ = ↑,↓ , implying that the molecular magnet junction is less
transmissive at the upper two mentioned resonances. This
can be qualitatively understood by looking at Fig. 5. The
behavior of the conductance components near the resonances
for μ = ↑ − ωL (solid lines in Fig. 5) and μ = ↑ (dot-dashed
lines in Fig. 5) depends on the direction of S with respect to
 For θ = 0 the molecular spin S
the external magnetic field B.
is static and the only two levels available for electron transport
are Zeeman levels 1 = ↓ and 4 = ↑ . In this case, when
the system is at the resonance μ = ↑ , the components GR
and GI take their maximum values, and GI > 0 displaying an

FIG. 5. (a) Real part GR and (b) imaginary part GI of the dynamic conductance as functions of the tilt angle θ of the molecular spin S
from the magnetic field B = B ez . The plots are obtained for different values of  and μ, with μ = μL = μR , at zero temperature. All energies
are given in the units of 0 . The other parameters are set to S = 100, J = 0.01, ωL = 0.5,  = 0.2, and L = R = /2. In the limit of
low frequency , for θ → π/2, the conductance component GR , as well as GI , approaches equal value at each resonance. The conductance
components GR and GI are given in the units of conductance quantum e2 / h.
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inductive-like behavior. For μ = ↑ − ωL and θ = 0, both GR
and GI take their minimum values. There is no transmission
channel at this energy for θ = 0, but  is relatively large, and
GI < 0 displays a capacitive-like response. With the increase
of θ , the additional two channels at energies ↑ − ωL and
↓ + ωL appear and become available for electron transport.
This leads to the increase of conductance components GR
and GI at μ = ↑ − ωL , and their decrease at μL = ↑ , as
functions of θ (see Fig. 5). For θ → π/2, in the case of
small  the complex components of the effective transmission
function T (,) approach the same height at resonant energies
i , so the probability of transmission reaches equal value at
each level. Thus, both GR and GI show peaks of the same
height at the resonances. The points of intersection of solid
and dot-dashed lines of the same color in Fig. 5 correspond
to this particular case. For larger frequencies , these points
are shifted away from θ → π/2, since the peaks broaden and
overlap and the suppression or increase of GR and GI is much
faster. Finally, for θ = π the situation is reversed compared to
the one with θ = 0, as again the static spin S is in the direction
 The Zeeman splitting in
opposite that of the external field B.
this case is equal to ωL − J S, so the only two levels available
for electron transport are 2 and 3 . Therefore, for θ = π ,
when the system is at the resonance μ = 3 , the conductance
components GR and GI reach their maximum values, with
GI > 0. For μ = 4 , which is off resonance for θ = π , both
GR and GI take minimum values, with GI < 0.

V. SPIN TRANSPORT AND SPIN-TRANSFER TORQUE

The expressions for complex time-independent functions
ωL
are given by
ILx (ωL ) and ILy (ωL ), and the spin current ILz
Eqs. (A1)–(A3) in the Appendix.
The spin-transport properties are characterized by elastic,
i.e., energy-conserving, tunnel processes [terms involving
factors [fL () − fR ()] in Eqs. (A1) and (A3)] and inelastic,
i.e., energy-nonconserving, tunnel processes [terms involving
factors [fξ ( − ωL ) − fζ ()] in Eqs. (A1) and (A3)]. In the
latter ones an electron changes its energy by ωL and flips
its spin due to the exchange interaction with the rotational
component of the molecular spin. The spin-flip processes occur
between levels with quasienergies ↑ and ↑ − ωL and between
levels with quasienergies ↓ and ↓ + ωL .
The STT exerted by the inelastic spin-currents onto the spin
of the molecule is given by [49–52]


T ωL (t) = − ILωL (t) + IRωL (t)
(28)
and can be expressed in terms of the matrix elements of the
Green’s functions Ĝ0r () and Ĝ0a () as

ξ ζ
d
ωL
[fξ ( − ωL ) − fζ ()]
Tj (t) = −
2π ξ ζ 

0a
γ G0r
11 ()G22 ( − ωL )
× Im (σ̂j )21 

1 − γ 2 G0r ()G0r ( − ωL )2
11
22

0r
−iωL t
,
(29)
× [1 − γ 2 G0a
()G
(
−
ω
)]e
L
11
22

d
TzωL = −
ξ ζ [fξ ( − ωL ) − fζ ()]
2π ξ ζ

A. Spin transport under dc-bias voltage

In the absence of ac harmonic potentials in the leads,
tunneling under dc-bias voltage takes place. The spin-angular
momenta between the itinerant electronic spins and the
precessing molecular spin are exchanged via exchange interaction, governed by the coupling constant J . The molecular spin
precession pumps spin currents into the system but remains
undamped using external sources, which compensate effects
of the interaction with electron spins. Further simplification
of Eq. (11) gives time-independent z components of the
ωL
spin current, ILz
, and the in-plane j = x,y time-dependent
spin-current components from the left lead,
ωL
∗
ILj
(t) = [ILj (ωL )e−iωL t + ILj
(ωL )eiωL t ].

1
α =−
ωL S



d
2π

J
β =−
ωL

ξζ



(27)

×

0r
2
γ 2 |G0r
11 ()G22 ( − ωL )|
.
0r
0r
|1 − γ 2 G11 ()G22 ( − ωL )|2

 the STT can be presented as
Regarding the molecular spin S,
α ˙
 + β S(t)
˙ + ηS(t),

× S(t)
(31)
T ωL (t) = S(t)
S
with the Gilbert damping coefficient α in the first term.
The coefficient β that characterizes the modulation of the
 is given by the
precession frequency of the molecular spin S(t)
second term. The third coefficient η can be written in terms of
α and TzωL as η = [TzωL + ωL Sα sin2 (θ )]/Sz . Using Eqs. (29)
and (30), and comparing them with Eq. (31), one obtains exact
expressions for the torque coefficients α and β as

2


0a
0r
2  0r

(J Sz /2)Im G0r
11 ()G22 ( − ωL ) − γ G11 ()G22 ( − ωL )
ξ ζ [fξ ( − ωL ) − fζ ()]
,


1 − γ 2 G0r ()G0r ( − ωL )2

d
4π

11

ξζ

11

(32)

22

2


0a
0r
2  0r

Re G0r
ξ ζ
11 ()G22 ( − ωL ) − γ G11 ()G22 ( − ωL )
[fξ ( − ωL ) − fζ ()]
.



1 − γ 2 G0r ()G0r ( − ωL )2

In the limit γ 2 → 0, the expressions (29)–(33) are in
agreement with Ref. [64]. In the strong exchange coupling
limit J   both Gilbert damping coefficient α and the
torque coefficient β drop to zero.

(30)

(33)

22

B. Photon-assisted spin transport under ac-bias voltage

We consider spin transport in the double-driving experiment, where we first establish molecular spin precession at
Larmor frequency ωL and then apply the oscillating potentials
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with frequency  in the leads. The spin current components
indicating photon-assisted inelastic spin transport can be
obtained by further simplification of Eq. (12). The in-plane
x and y spin-current components consist of oscillating terms
involving both ac frequency  and Larmor frequency ωL .
Experimentally, by adjusting  = ±ωL , these currents may be
measurable. In this case they have one dc component and one
component oscillating with frequency 2. The photon-assisted
spin currents are given by Eqs. (A4)–(A7) in the Appendix.
The time average of a periodic function F (t), with a period
T is defined as

1 T
F t =
F (t)dt.
(34)
T 0
According to Eq. (A4), the time-averaged j = x,y components of the total spin current IL (t) are nonzero only for
 = ±ωL and read
 =±ωL 
 j
ILj t = ILj
(35)
=
Re ILξ (−ωL )e±iφξ ,
t
ξ

while the time-averaged z component of the spin-current
equals
ILz

t

ωL
= ILz
.

(36)

Hence, the in-plane time-averaged x and y spin-current
components contain only contributions from photon-assisted
spin tunneling processes, while the z component contains only
contributions from spin tunneling under dc-bias voltage. The
time-averaged STT is then given by
T

t

Iξ t .

=−

(37)

ξ

All the torques are compensated by external means, which
keep the molecular spin precession undamped during the
experiment.
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ILx t and ILy t differ in phase by π/2. The plots are obtained
at zero temperature for two different phases of the ac field in
the left lead. We set  = ωL , the right lead’s Fermi energy
μR = 0, and apply an ac harmonic chemical potential only to
the left lead. According to the segment [fL ( − ) − fL ()]
in Eq. (A5), electrons with energies within the window
[μL − , μL ] participate in the photon-assisted spin transport.
Each of these processes is followed by a spin-flip and emission
(apsorbtion) of an amount of energy ωL . This is caused
by the interaction of the electron spin with the precessing
component of the molecular spin. In turn, during the exchange

interaction, a photon-assisted STT is generated onto S(t).
In
regard to photon-assisted transmission of 1/2-spin particles,
the in-plane spin-current components show significant changes
in either magnitude or direction, controlled by the change
of the phase of the ac field in the left lead φL . Similarly
to the case of charge transport, the necessary condition for
photon-assisted spin tunneling is given by the inequality (23).
The cases with equality sign in (23) are represented by the
black arrows in Fig. 6, pointing to the eV scale. Each level
satisfying this condition corresponds to two black arrows. In
the region between each two black arrows the inequality (23)
is satisfied for at least one molecular quasienergy level. Here
the components of spin current and STT approach constant
values. If 1  μL  2 or 3  μL  4 , then the inequality
(23) is satisfied for both 1 and 2 or 3 and 4 . As a result,
the magnitude of spin currents and STT is enhanced under
these conditions, due to the involvement of both levels 1
and 2 , or 3 and 4 , in photon-assisted spin transport and
photon-assisted spin-flip processes. We should point out that
both spin-current components and STTs are antisymmetric
functions of eV with respect to the position of 0 . This is
a consequence of the antisymmetric position of levels i
attributed to the spin-up or spin-down state of the electron
R
= 0, φR = 0, we
with respect to 0 . Using Eq. (35) with vac
obtain the largest magnitudes of the j = x,y time-averaged
spin-current components for

C. Analysis of the time-averaged spin transport

The in-plane components of the time-averaged spin current
and STT are presented in Figs. 6(a) and 6(b) as functions of the
bias-voltage eV = μL − μR . According to Eqs. (A6) and (35),

 j
Im ILL (−ωL )
φL = arctan
 j
Re ILL (−ωL )

.

(38)

FIG. 6. Bias-voltage dependence of the time-averaged components of the spin-current and spin-transfer torque (a) ILx t /vLac and Tx t /vLac
and (b) ILy t /vLac and Ty t /vLac . The plots are obtained at zero temperature for two different phases φL , with B = B ez . All energies are
given in the units of 0 . The other parameters are set to  = 0.04, L = R = /2, μR = 0, φR = 0, vRac = 0, θ = 1.25, S = 100, J = 0.01,
and  = ωL = 0.25. Photon-assisted spin transport is enhanced for 1 < μL < 2 and 3 < μL < 4 , where the in-plane components of the
spin-current and spin-transfer torque approach the constant largest magnitudes.
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FIG. 7. Time-averaged spin currents ILx t /vLac and ILy t /vLac for
θ ∈ [0,π ] and φL = 1.95, with maximal magnitudes around θ = π/2.
The plots are obtained at zero temperature for four different biasvoltages varied as eV = μL . All energies are given in the units of
0 . The other parameters are the same as in Fig. 6. Inset: In-plane
spin-current components for eV = 1.5, where 3 < μL < 4 .

Simultaneously, the other in-plane time-averaged spin-current
equals zero.
The magnitude of the time-averaged spin currents (and
STTs) can also be controlled by tuning the tilt angle θ , as
presented in Fig. 7. For θ = 0, the in-plane spin currents are
equal to 0. Since the spin-flip is most probable with the largest
magnitude of the rotating field, the maximal magnitudes of
ILx t and ILy t are obtained around θ = π/2 and increase
significantly if μL lies between any two levels connected with
spin-flip mechanism (see the inset in Fig. 7).
Some of the photon-assisted tunneling processes contributing to the spin transport are presented in Fig. 8. We show
examples of two opposite photon-assisted spin-flip processes.
Figure 8(a) corresponds to the case in which 1 − μL <  (or
3 − μL < ). Here an electron from the left lead excited
by a photon of energy  = ωL tunnels into the level 1
(b)

(a)

ωL

∼
∼
μL

Ω

ωL

Ω
μL

FIG. 8. Sketch of two opposite photon-assisted spin-flip processes between molecular quasienergy levels in the presence of ac
harmonic potential with frequency  in the left lead. (a) Excited
electron with energy  tunnels into spin-down level ↓ (or ↑ − ωL ).
It absorbs an amount of energy ωL , flips its spin due to the exchange
interaction with the precessing component of the molecular spin, and
exits into either lead. (b) Excited electron tunnels into spin-up level
↓ + ωL (or ↑ ), flips its spin, and emits an energy quantum ωL . Then
it tunnels out to the right lead.

FIG. 9. Time-averaged spin-transfer torque components Tj t for
j = x,y as functions of ac frequency . The plots are obtained at
zero temperature for two different , with L = R = /2, B = B ez ,
and  = ωL . All energies are given in the units of 0 . The other
parameters are set to: μL = 0.25, μR = 0, φL = 1.95, vRac = 0, φR =
0, θ = 1.25,J = 0.005, and S = 100. Each step or peak coincides
with a change in the number of available channels for photon-assisted
spin tunneling.

(or 3 ). During the exchange interaction with the precessing

component of S(t),
it absorbs an energy ωL and flips its spin,
ending up in the level 2 (or 4 ), and then tunnels into either of
the leads. One photon-assisted spin-flip process through level
2 (or 4 ) for 1  μL  2 (or 3  μL  4 ) is presented in
Fig. 8(b). In this case, an electron absorbs an energy  = ωL
interacting with ac field in the left lead and enter the spin-up
level 2 (or 4 ). Then, it emits energy quantum ωL , flips its
spin due to the interaction with the precessing component of
the molecular spin, and tunnels into the right lead.
In Fig. 9 the time-averaged x and y components of STT are
plotted as functions of ac frequancy  = ωL , for two different
tunnel coupling constants  = 0.04 (solid lines) and  =
0.12 (dot-dashed lines), at zero temperature. The grid lines
correspond to i − μL = . For  such that 1 − μL =  the
molecular quasienergy level 1 participates in photon-assisted
spin transport, followed by an electron spin-flip and hence a
finite STT. In this case Tx t is initially enhanced while Ty t
has a minimum value and increases after  = 1 − μL [first
grid line in Fig. 9]. As  increases the inequality (23) is
satisfied for level 1 leading to a nonzero STT. With further
increase of ac frequency  the photon-assisted spin transport
begins to take place in the level 3 . Both Tx t and Ty t
increase around  = 3 − μL , after going to a local minimum,
due to the fact that level 3 is now available for spin-flip
tunneling processes.
For larger  the inequality (23) is satisfied for both 1 and
3 . Consequently, both Tx t , and Ty t increase. Finally, as 
increases further, level 2 also becomes available for photonassisted spin tunneling, leading to the largest enhancement
of both in-plane STT components. As  increases further,
inequality (23) is satisfied for levels 1 , 2 , and 3 , and photonassisted STT components are large and decreasing. After the
level 4 becomes available for photon-assisted spin transport,
both components Tx t and Ty t drop to zero. This is due
to the previously mentioned antisymmetry. Namely, in this
case, the contributions of the photon-assisted STTs for 1 <
μL < 2 and 3 < μL < 4 are equal in magnitude but have
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FIG. 10. Time-averaged z component of the spin-transfer torque
Tz t as a function of the Larmor precession frequency ωL . The plots
are obtained for two different tunneling rates  at zero temperature,
with B = B ez and L = R = /2. All energies are given in the
units of 0 . The other parameters are set to: μL = 0.25, μR =
0, θ = 1.25,J = 0.005, and S = 100. Each step corresponds to a
spin-tunneling process involving a spin-flip.

opposite directions. Therefore, they cancel each other as μL
satisfies both these inequalities simultaneously. Conditions of
inequality (23) are relaxed for larger  due to the broadening
of the levels i .
The z component of the time-averaged STT, Tz t is
plotted as a function of the Larmor frequency ωL in Fig. 10.
This component does not contain contributions from photonassisted spin tunneling but only from tunneling under dc-bias
voltage, followed by an electron spin flip due to the interaction

with the precessing component of the molecular spin S(t).
In turn, an STT is exerted on the molecular spin. The
STT component Tz t is an odd function of ωL since the
change of the direction of B gives negative ωL . Each step
in Fig. 10 denotes a new available spin-transport channel, and
an additional spin-flip process, contributing to the STT, which
takes place for μξ = i .
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two metal leads subject to harmonically varying chemical
potentials with frequency , treated as a perturbation. We
used the Keldysh nonequilibrium Green’s functions method to
derive charge and spin currents and the spin-transfer torque.
We employed the displacement current partitioning scheme
of Wang et al. [48] to obtain gauge-invariant expressions for
the dynamic conductance of the charge current. The dynamic
response of the system is controlled by photon-assisted
transport. In the low-ac-frequency limit this junction displays
an inductive-like or capacitive-like behavior depending on
the system parameters. When the chemical potentials are in
resonance with a molecular quasienergy level i , the real and
imaginary components of the ac conductance both increase
around the ac frequency which coincides with the Larmor
frequency, after going to a local minimum, thus allowing to
reveal the Larmor frequency by a conductance measurement.
The photon-assisted x and y spin-current components consist
of a dc part and a part that oscillates with frequency 2ωL
for  = ωL . This opens the possibility of experimentally investigating photon-assisted spin-transfer torque exerted on the
molecular magnet, which can be detected through the presence
of nonzero time-averaged contributions. By manipulating the
phases of the harmonic potentials in the leads with respect to
the precession, and the tilt angle between the magnetic field
and the molecular spin, the control of the direction and the
magnitude of the time-averaged photon-assisted spin current
components and spin-transfer torque is achievable. Finally,
in this work we present the nonperturbative Gilbert damping
and other STT coefficients with respect to the coupling γ , in
the zero ac frequency limit. Remarkably, the Gilbert damping
vanishes in the strong-coupling limit.
In the future it might be interesting to investigate further
transport properties like the current noise or the spin-torque
noise, as well as to find ways to manipulate the magnetic
moment using, e.g., ferromagnetic leads.
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APPENDIX: EXPRESSIONS FOR SPIN-CURRENT COMPONENTS
ωL
Here we present the expressions for spin-current complex components ILx (ωL ) and ILy (ωL ), spin current ILz
in the presence
of dc-bias volatge, and spin currents in the presence of ac voltage in terms of the matrix elements of the Green’s functions Ĝ0r ()
and Ĝ0a ().
The expressions for spin-current complex components introduced by Eq. (27) are given by
2 





0a
0r
3  0r
0r

2iγ Im G0r
γ G0r
d L R
11 () G22 (−ωL )+γ G11 ()G22 (−ωL )
11 (+ωL )G22 ()
ILx (ωL ) = −i
+
[fL ()−fR ()] 



2
2
4π

1−γ 2 G0r (+ωL )G0r ()
1−γ 2 G0r ()G0r (−ωL )
11
22
11
22

0a
0r


ξ ζ
()G
(
− ωL )
γ
G
11
22
0r
,
(A1)
[fξ ( − ωL ) − fζ ()] δζ L − δξ L γ 2 G0a
+
()G
(
−
ω
)


L
11
22

1 − γ 2 G0r ()G0r ( − ωL )2
ξ,ζ =L,R
11

ILy (ωL ) = iILx (ωL ),
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2Im G0r
2Im G0r
d L R
11 ()
22 ()
[fL () − fR ()] 
−



4π

1 − γ 2 G0r ()G0r ( − ωL )2
1 − γ 2 G0r ( + ωL )G0r ()2
11
22
11
22
2 

0r

γ 2 G0r
11 ()G22 ( − ωL )
ξ ζ [fξ ( − ωL ) − fζ ()](δξ L + δζ L ) 
+
 .
1 − γ 2 G0r ()G0r ( − ωL )2
ξ,ζ =L,R


ωL
while ILz
=

11

(A3)

22

The spin-current components in the presence of oscillating chemical potentials in the leads, introduced as the second term in
Eq. (10), for ξ = L can be expressed in the following way:

 j
j

ILj
(A4)
(t) =
Re ILξ ()e−i(t+φξ ) + ILξ (−)ei(t+φξ ) e−iωL t , j = x,y,
where

x
ILξ
()

ξ =L,R
ξ
vac
= γ L ξ



d
[fξ ( − ) − fξ ()]

4π
 G0a ( − )G0a ( −  − ω )G0r () + i δLξ 1 − γ 2 G0r ()G0r ( − ω )
L
L
11
11
22
11
22
ξ



×
0a
0a
0r
0r
2
2
1 − γ G11 ()G22 ( − ωL ) 1 − γ G11 ( − )G22 ( −  − ωL )
 0a
 
δLξ 
0a
0r
2 0a
G11 ( + ωL )G0r
22 () G22 ( − ) − i ξ 1 − γ G11 ( −  + ωL )G22 ( − )



,
+
0a
0r
2 0r
1 − γ 2 G0a
11 ( −  + ωL )G22 ( − ) 1 − γ G11 ( + ωL )G22 ()
while

and


(t)
ILz

=
ξ =L,R σ

= ±1

y

x
ILξ () = iILξ
(),

(A5)
(A6)


ξ 
vac
d
[fξ ( − ) − fξ ()]e−i(t+φξ )
Re L ξ

4π




 
δ
0a
[σ̂z Ĝ0r ()Ĝ0a ( − )]σ σ 2 − 1 − i Lξξ ( + i) 1 + γ 2 G0r
−σ −σ (σ )G−σ −σ (σ − )



.
×
0a
0r
2 0a
1 − γ 2 G0r
σ σ ()G−σ −σ (σ ) 1 − γ Gσ σ ( − )G−σ −σ (σ − )
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